Abstract
Definitions and Combinatorial Interpretations
We shall first present some basic definitions and combinatorial interpretations for basic hypergeometric series and integer partition. For simplicity, unless stated otherwise we shall assume that n is a nonnegative integer and < 1 q , let
. ; ( ) a λ , ( ) l λ and λ , respectively. An effective device for studying partitions is the graphical representation. For a partition λ , its m n × Durfee rectangle is the maximum rectangle contained in the Ferrers diagram of λ . Conjugation and the several invariants have been used in a variety of ways over the years, see Andrews's encyclopedia [2] . It is worth pointing out that there is a fundamental invariant which despite its simplicity has not received too much attention. This is 
In this paper, we shall show how (1) could be used to obtain a series of symmetric identities by studying modified Durfee rectangles. Consider the expansion 
We interpret this as an expansion involving only one part, namely i , where the power of b records ( )
while that of ( ) 
as the generating function of partitions λ into parts less than or equal to n , such that the power of b records ( ) l λ , while that of ( ) 
We consider all partitions λ for which ( ) a n λ = . This accounts for the term 
Symmetric Expressions for ( )
The generating function of every unrestricted partitions λ :
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The generating function of every unrestricted partitions λ : 
where (8) results from the n n × Durfee square analysis.
The Applications of the Symmetric Identities in q-Series
In this section, we shall explore the extensive applications of formulas (4) to (8) 
Symmetric Identities
From (4) and (5), we get the following beautiful symmetric identity. 
which was first stated and proved by N. J. Fine [4] . Andrews derived it combinatorially from the consideration of partitions without repeated odd parts in [5] .
Mock Theta Functions
In his famous last letter to Hardy [6] , Ramanujan introduced 17 mock theta functions without giving an explicit definition, among which, one third order mock theta function is as follows 
In 1966, Andrews [7] defined the following generalization of ( ) 
After the same substitutions in (5) and (7), respectively, we get Corollary 3.6 
Identities from Ramanujan's Lost Notebook
By special substitutions, we could go through a series of important Entries in Ramanujan's Lost Notebook [12] . We take several of them as examples, for their combinatorial proofs, see [13] . The function ( ) (4) and (6) can be reduced to The same substitutions in (4) and (8) 
This identity was derived from Franklin involution by Berndt and Yee [13] and was also got from two entries by Warnaar [14] , where analytic methods were employed.
Further Consequences
Corollary 3.14 ( ) 
Identity (22) is a false theta series identity. Results like these were studied by L. J. Rogers [15] , however, the elegant result appears to have escaped him. Andrews [16] proved identity (22) by using three transformation formulas and showed that (22) implied a partition identity like that deduced from Euler's Pentagonal Number Theorem ( [2] , p. 10).
Taking 0, 1 a b = = − and 1 c = in (4) and (5), we generalize the not at all deep but elegant identity: 
